1 Equipollency
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Let u, v, w denote objects. Let z,y, z denote sets. Let f, g, h denote func-
tions.

We conclude this part about functions by introducing the notion of equipollency:
Two sets z,y being equipollent expresses the idea of x and y having the same
number of elements.

Definition 1.1. z and y are equipollent iff there exists a bijection between
x and y.

Let = and y are equipotent stand for x and y are equipollent.

Proposition 1.2. z and x are equipollent.
Proof. id, is a bijection between x and zx. O]
Proposition 1.3. If z and y are equipollent then y and z are equipollent.

Proof. Assume that x and y are equipollent. Take a bijection f between
x and y. Then f~! is a bijection between y and 2. Hence y and x are
equipollent. ]

Proposition 1.4. If x and y are equipollent and y and z are equipollent
then x and z are equipollent.

Proof. Assume that x and y are equipollent and y and z are equipollent.
Take a bijection f between z and y. Take a bijection g between y and z.
Then gof is a bijection between x and z. Hence x and z are equipollent. [J

Proposition 1.5. z and () are equipollent iff z is empty.

Proof. Case x and ) are equipollent. Take a bijection f between x and
(). Assume that = is nonempty. Take an element u of . Then f(u) € 0.
Contradiction. End.

Case z is empty. Then x = (). Hence x and @) are equipollent. End. O
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